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ABSTRACT

We have developed and operated an electronic system for the non-destructive detection and cooling of charged-particle bunches that are
captured and confined in a Penning trap, together with methods for the evaluation of corresponding measurements that allow for a detailed
characterization of each individual particle bunch. Once calibrated, from a single measurement of the particles’ induced electronic signal as
a function of time directly upon capture, the setup and method allow for a fast determination of the initial and final absolute particle ener-
gies, of the cooling rate, and of the absolute number of particles in the bunch. We demonstrate this with highly charged ions (Ne8þ) that
are injected into the Penning trap of the HILITE experiment.

© 2024 Author(s). All article content, except where otherwise noted, is licensed under a Creative Commons Attribution (CC BY) license
(https://creativecommons.org/licenses/by/4.0/). https://doi.org/10.1063/5.0228725

I. INTRODUCTION

The method of resistive cooling of charged particles in a
Penning trap is well-established and well-understood particularly
for single particles1–3 but also for ensembles of particles.4,5 It is
based on image currents that the particle motions induce in the
conducting trap electrodes.6–8 When these currents are damped by
resistive elements, the motion of the particles is damped in turn.

Most often, resistive cooling is applied to the axial particle
oscillation in the trap by means of a tuned resonant circuit that is
either placed across a pair of electrodes or that connects one elec-
trode to the ground. The real part of the circuit’s impedance dissi-
pates energy from the axial motion into the cold bath in which the
circuit is embedded.9–11 This reduces the axial particle energy and,
hence, the amplitude of the oscillation, until the temperature asso-
ciated with that energy comes into equilibrium with the cold bath,
often at liquid-helium temperature.11

The benefit of such cooling is a significant reduction in the
particles’ axial velocity and spread, which facilitates well-defined

confinement close to the trap center and the conditions required
for a number of spectroscopic precision measurements across a
wide range of frequency domains.9

For resistive cooling of large particle ensembles, it has been
shown that only the center-of-mass motion is directly cooled by
the interaction with the circuit, while all other motions are indi-
rectly cooled only to the extent of their energy transfer into the
center-of-mass motion.9 For the axial motion, one expects and
observes a fast cooling of the center-of-mass motion with an expo-
nential cooling rate that is proportional to the number of particles,
and a de-phasing of the axial motions due to residual imperfections
of the initial ensemble and the trapping fields.10 In previous mea-
surements,10 more than 99.99% of the initial center-of-mass axial
particle energy was cooled away resistively within about 50 ms. We
have also previously shown that a comparatively simple model for
the energy flow within the particle–circuit system can account for
the observed effects during resistive cooling.10

One can create a particularly clear-cut situation when particle
capture12 into the trap is done along the central trap axis (thus
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avoiding significant initial magnetron motion) and when the parti-
cles form a well-defined bunch that occupies a small volume in
phase space, i.e., has both a small spatial and velocity spread. This
translates into a narrow distribution of the axial frequencies and
phases of motion of the stored particles. Then, the initial axial
kinetic energy is concentrated in the axial center-of-mass motion
of the incoming particle bunch. This axial center-of-mass energy
can be cooled away efficiently before the bunch has a chance to
de-phase into uncorrelated motions that are far less efficiently
cooled.10

When the cooling circuit is chosen to connect a pair of elec-
trodes with mirror symmetry with respect to the trap center, rather
than connecting one electrode to the ground, it becomes insensitive
to electronic noise due to fast switching and pulsing of electrodes
as required for the dynamic capture of externally produced
particles.12

In the following, we show how this can be used to determine
the initial axial particle energy directly upon trapping, the final
axial particle energy, the rate of cooling, and the number of parti-
cles within the bunch. Apart from a characterization of the cooling
process, this may be used, e.g., for an optimization of the injection
and capture process and to determine the number of stored ions
which is of high interest, i.e., for the measurement of absolute cross
sections in laser-ionization experiments.13

The measurements have been performed with Ne8þ ions from
an external source that are injected into the Penning trap of the
HILITE experiment.13 They complement earlier demonstrations of
non-destructive characterization of particle bunches in a beam-
line,14,15 in the sense that the present methods find application
directly inside the trap and at much lower kinetic energies and can,
hence, be used to infer the properties of the confined particles
directly before a subsequent measurement.

II. ION MOTION AND COOLING IN A PENNING TRAP

We consider a cylindrical Penning trap16,17 located in the
center of a homogeneous magnetic field B0 that is produced by a
superconducting magnet. The central trap axis and the magnetic
field axis are identical and defined to be the z-axis (see also Fig. 1).
Voltages applied to the trap electrodes form a quadrupolar electro-
static potential with the well V / z2 along z. Any individual ion in
this field configuration performs a motion that is comprised of an
axial oscillation about the trap center at z ¼ 0 and a radial motion
that is a cyclotron orbit around the magnetic field, perturbed by a
drift motion in the crossed electric and magnetic fields (magnetron
motion).9

These motions have frequencies ωz (axial frequency), ωþ
(reduced cyclotron frequency), and ω� (magnetron frequency),
respectively, with ωþ � ωz � ω�. For any given ion species and
trap, the values of these frequencies are uniquely determined by the
values of the confining fields.2,9 For negligible field imperfections
(“ideal trap”), the energies (amplitudes) of the three motions are
independent of each other and have no effect on any of the
motional frequencies.2 The axial frequency is given by

ωz ¼
ffiffiffiffiffiffiffiffiffi
qV
md2

r
, (1)

where V is the depth of the electrostatic potential well and d is a
measure of the trap size.16 At present, the axial frequency is of the
order of MHz.

Since we are interested in the behavior of many identical parti-
cles that initially form a bunch, we adopt the center-of-mass
picture, i.e., we describe the bunch by its axial center-of-mass
motion and by the axial individual-ion motions relative to it. For
the present conditions, a significant amount of energy is initially
concentrated in the center-of-mass motion,10 i.e., before and
directly upon capture, the ions form a well-defined bunch that
occupies a small phase space. During confinement, the ions move
with a fixed phase initially and begin to de-phase due to their
initial axial energy spread and due to residual imperfections of the
confining fields, which make the axial oscillation frequencies
slightly dependent on the kinetic energies of the individual ions.2,5

This leads to a re-shuffling of axial energy between the
center-of-mass and individual motions at a rate γax that is given by
the width of the axial frequency distribution within the ion bunch
at any time.1

First looking at the axial motion of a single ion during resis-
tive cooling, the ion kinetic energy decays like

E(t) ¼ E(0)exp(�γt), (2)

where E(0) is the initial axial energy of the ion. It is assumed to be
much larger than the energy that corresponds to the temperature
of the cold bath of the electronic cooling circuit, i.e., we have
E(0) � kBT . At present, this is true since E(0) is of the order of
eV, while kBT is below meV at liquid-helium temperature.

FIG. 1. Sectional view of the Penning trap with the ring (R), two pairs of correc-
tion electrodes (C1 and C2), endcaps (E), and additional capture electrodes. Ion
bunch injection from the left is indicated, as well as a confined ion bunch in the
trap center, and the electronic circuit that connects the two inner correction elec-
trodes C1. The trap has mirror symmetry, so only one half is labeled.
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For a single ion, the exponential cooling rate in Eq. (2) is
given by5

γ ; γ1 ¼
q2R
mD2

, (3)

where R is the real part of the circuit’s impedance Z at the axial
oscillation frequency ωz and D measures the effective distance of
the electrodes used for cooling from the trap center.9 For the
present conditions, the value of γ1 is about 0.005 s

�1.
It can be shown3,9 that the resistive cooling of the total energy

of an ensemble of identical ions with random phases of motion
occurs at the same rate as the single-ion cooling given by Eq. (3),
irrespective of the number of ions N .

However, when looking at the center of mass of an ion bunch,
the situation is equivalent to an ion ensemble that moves in phase
(“coherently”), and we can regard it as a single ion with mass Nm
and charge Nq. This leads to an exponential cooling rate of9

γ ; γN ¼ (Nq)2R
(Nm)D2

¼ N
q2R
mD2

¼ Nγ1, (4)

which is exactly N times faster than the single-ion cooling rate
from Eq. (3).

The actual rate of cooling that is observed in an experiment
depends on the initial conditions and their evolution during
cooling, in particular on the distribution of axial oscillation fre-
quencies and of the phases of axial motion. This means that in
general, we expect the observed rate of cooling to change over time.
We will discuss this in detail in the framework of the cooling
model presented below.

III. SETUP AND PROCEDURES

The current measurements have been performed with the
setup of the HILITE experiment13 located at the Helmholtz
Institute Jena, Germany.

A. Overview

The setup and methods have been described in detail
previously.13–15 In short, bunches of highly charged ions are pro-
duced in a commercial electron-beam ion trap (EBIT)21 and
selected (with respect to their charge-to-mass ratio) by a Wien
filter.22 The pure ion bunches (presently Ne8þ) are then guided by
a low-energy electrostatic beamline to the Penning trap of the
experiment. This is located in the center of a horizontal-bore super-
conducting magnet that can produce static fields up to B0 ¼ 6 T. A
system of position-sensitive non-destructive ion detectors15 and ion
optics23 outside of the magnet is used to inject the ion bunches
along the central trap axis, thus avoiding significant magnetron
motion upon capture. Typically, 95% of the ions are injected and
confined within about 100 μm from the central axis.10 A pulsed
drift tube24 is used to decelerate the ion bunches from an initial
energy of around 2 keV to roughly 150 eV per charge and ion. The
final deceleration is achieved by a floating ground potential of the
whole trap25 such that each ion enters with an axial kinetic energy
of about 20–30 eV per charge. This value has been established by

lowering the trap potential V and observation of the ion loss. The
ions are dynamically captured into the trap by fast switching of the
trap potential on the entrance side.12 Then, the individual trap volt-
ages are chosen such that the trap forms a harmonic axial potential
V / z2 directly upon ion capture. The measurements to be dis-
cussed commence immediately upon dynamic capture.

B. Trap and electronics

The trap is a cylindrical Penning trap16,17 that consists of a
central ring electrode, two pairs of correction electrodes, one pair
of endcaps, and additionally one pair of electrodes for dynamic
capture.12 It has the common axial symmetry and mirror symmetry
with respect to the trap center, which is located in the center of the
ring electrode. The endcap electrodes have a separation of
22.4 mm, and the inner diameter of the trap is 15 mm. The outer
electrodes have a central hole with a diameter of 4 mm to allow for
loading the trap with the externally produced ions (entry side, left)
and for the axial ejection of the trap content onto an external
detector with imaging capabilities (exit side, right).

The electronic circuit for detection and cooling is a normal-
conducting resonant LC circuit made of high-purity copper wire
wound around a toroidal polytetrafluorethylene (PTFE) core. It con-
nects the two inner correction electrodes of the trap, rather than con-
necting one electrode to ground. The details and benefits of this
design have been described previously.17 The LC circuit has a reso-
nance frequency of f0 ¼ 1:38MHz and a quality factor of Q ¼ 11:5.

C. Detection: Induced current

For a single charged particle, the induced current in the axial
direction is given by6,7,9

I+ ¼ �q _zΓ+(z), (5)

where q is the particle charge, _z is its axial velocity, and the cou-
pling strengths Γ+ reflect the geometry and position of the þ and
� pick-up electrodes (C1 correction electrodes) with respect to the
trap center (see also Fig. 1). Since both ends of the resonator are
connected to a pick-up electrode, the total driving current is the
difference of these currents,

Iind ¼ Iþ � I� ¼ �qΓ(z) _z: (6)

The resulting function Γ(z) is shown in Fig. 2. Typically, the inverse
quantity D ¼ Γ�1 is used to describe resistive cooling [see Eqs. (3)
and (4)], but, here Γ is the more convenient quantity. The value of
Γ ¼ 83:5m�1 in the trap center corresponds to D ¼ 12mm.

In many experiments with confined and cooled particles, it is
sufficient to consider the value of Γ(z) at the trap center z ¼ 0,
because motional amplitudes are negligible with respect to the size
of the electrode arrangement. Presently, however, this is not the
case, since for dynamically captured ions from an external source,
the particles may probe a considerable part of the trapping region
initially. In this situation, it is possible to describe the coupling
constant by a value Γ̂(a), which depends on the motional ampli-
tude a in the z-direction. For a harmonic oscillation at frequency
ωz , the induced current has a period of 2π=ωz . Hence, it can be
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expressed as a Fourier series by an expression of the kind

Iind(t) ¼ �qaωz

X1
k¼1

Akcos(kωzt)þ Bksin(kωzt)

" #
: (7)

From the series, only terms with frequency ωz contribute to the
measurement and the cooling process, as their multiples are far off
resonance. For a harmonic motion z / sin(ωzt), the Fourier coeffi-
cients can be calculated by Eq. (6). Here, only the A1 and B1 terms
contribute at frequency ωz, and a calculation shows that B1 ¼ 0.
Hence, the current is given by the A1 term, which results in

Iind(t) ¼ �qΓ̂(a) _z, Γ̂(a) ¼ 2
π

ð1
�1

Γ(as)
ffiffiffiffiffiffiffiffiffiffiffiffi
1� s2

p
ds: (8)

For a large ensemble of trapped particles in the center-of-mass
picture, the total induced current is given by the approximation,

Iind ¼ �NqΓ̂(acm) _zcm, (9)

where acm is the center-of-mass amplitude and _zcm is the
center-of-mass velocity. This approach neglects possible non-linear
currents induced by large-amplitude axial motions relative to the
center of mass. For the present large ion ensembles with N � 1, such
additional currents are expected to be insignificant compared to the
induced current of the center-of-mass mode during initial cooling.18

The resulting averaged value for Γ̂ is shown in Fig. 3 as a function of
center-of-mass energy per charge and particle ecm by the identity,

acm ¼
ffiffiffiffiffiffiffiffiffiffiffi
2qecm
mω2

z

s
: (10)

The results indicate that the value of Γ̂ is smaller for larger oscillation
amplitudes, which consequently reduces both the cooling efficiency
and the signal strength. For ecm ¼ 0, this reproduces the earlier result
of Γ ¼ 83:5m�1 in the trap center (z ¼ 0), which corresponds to
D ¼ 12 mm. For larger energies (amplitudes), the coupling strength

(signal pick-up) decreases significantly, which has to be taken into
account in the further considerations.

One consequence is that the center-of-mass cooling rate γN
from Eq. (4) becomes energy-dependent. We then have

γN ¼ Nq2Γ̂2(ecm)R(ωz)
m

: (11)

This result is equivalent to Eq. (4) but uses the energy-dependent
value Γ̂2(ecm) instead of 1=D2. Since Γ̂ increases for smaller ecm,
the cooling rate can increase significantly during the cooling
process. This can be seen in Fig. 4 for the single-particle case,
together with the result of a direct simulation of resistive cooling
for a single trapped particle. The rate γN behaves correspondingly.

D. Resonator impedance and signal

In the steady state, the voltage at either electrode of the reso-
nator is determined by the complex-valued impedance Z. For a

FIG. 4. Energy-dependent single-particle cooling rate for a single trapped Ne8+

ion according to Eq. (11), together with the simulation of the cooling process.
During the cooling process, the energy ez decreases. The result was calculated
for a resonator with R ¼ 110 kΩ.

FIG. 2. Coupling constant Γ as a function of axial distance z from the trap
center. The dashed value marks Γ ¼ 83:5 m�1 for z ¼ 0, which corresponds
to D ¼ 12 mm.

FIG. 3. Averaged result for Γ̂ as a function of the center-of-mass energy ecm
according to Eq. (8).
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harmonic driving current Iind with frequency ωz, the voltage at
either electrode is given by

U+ ¼ Z(ω)Iind: (12)

The impedance of the double-pick-up design can be calculated
from

Z(ω) ¼ 1
4

RS þ iLω
iRSCtotω� ω2LCtot þ 1

, (13)

and the real part of the impedance is given by R(ω) ¼ <(Z(ω)). The
total capacitance Ctot ¼ 22:4(7) pF, inductance L ¼ 590(20) μH, and
series resistance RS ¼ 449(3)Ω of the resonator have been deter-
mined independently. At its resonance frequency, the cooling cir-
cuit’s impedance Z is purely Ohmic and takes the value
Z ¼ R ¼ 2πQLfR, where Q ¼ 11:5 is the quality factor.19,20 At the
resonance frequency of fR � 1:38MHz, the value is Z ¼ R ¼ 14 kΩ.
The qualitative behavior of this impedance has been discussed previ-
ously.10,17 A quantitative calculation of the circuit results in the addi-
tional factor of 1

4 seen in Eq. (13). Compared to single-electrode
resonators, this factor reduces the signal amplitude U and the
cooling rate γ by a factor of four. However, this is compensated by
the fact that the amount of current Iind is twice as large since two
pick-up electrodes are employed. This results in a smaller signal
U / Iind, but for the resistive cooling γ / I2ind, both designs result in
the same cooling rate.

The quality factor of Q ¼ 11:5 is well-suited for the present
center-of-mass cooling, since the rate γN is still high (of the order
of 100 s�1) and the large bandwidth of the resonator of fR=Q
¼ 120 kHz allows the simultaneous cooling of the entire ion
ensemble even in the presence of spurious energy-dependent fre-
quency shifts during cooling.

The principal advantage of the double-electrode configuration
(aside from its advantageous off-resonance behavior17) is the can-
celation of any external electrical noise or disruption, which equally
affects both detection electrodes and, thus, does not contribute to
the total induced current. This allows the measurements to com-
mence immediately upon capture, since the unavoidable pulse from
the fast switch of the trap electrode for dynamic capture does not
influence the measurement.

IV. MODEL OF RESISTIVE COOLING

A. Quantities and rate equation

A comparatively simple model can be used to describe the
process of resistive cooling in a Penning trap for large particle
ensembles under the given conditions. This model has been used
to explain experimentally observed cooling behavior of large, pure
ion ensembles earlier.5,9,10,17 The model uses the axial
center-of-mass energy ecm, the uncorrelated relative axial energy
eax, and the radial energy er which will be ignored in the present
application of the model. All energies are expressed in terms of
energy per charge and particle. In the model, the energy ecm is
cooled at the center-of-mass cooling rate γN as given by Eq. (11);
in addition, there is an effective energy exchange between ecm and
eax resulting from a change in the relative phases of the axial

motions due to the frequency distribution Δωz of the trapped parti-
cles. This exchange occurs at a rate of γax. The model gives a rate
equation for ecm that reads

_ecm ¼ �γNecm þ γax
eax

N � 1
� ecm

� �
: (14)

B. Assumptions and validity

This equation assumes that energy er from the radial motions
does not contribute to the process. This is justified since for the
present conditions, the axial-radial coupling due to long-range
Coulomb interaction is ineffective and its time scale has been esti-
mated to be τS � 500ms.10 Hence, in the current experiment, this
energy exchange is not observed and can be neglected.

The overall model assumes the energies and frequencies of the
center-of-mass and of individual-ion motions relative to it to be well-
defined quantities that allow for a statistical treatment. This is true for
sufficiently large ensembles of particles (N � 1), as has been shown
previously.1,9 For the present ion numbers in the range of several tens
of thousands, we assume to fulfill this condition. We also assume that
the rate of c.m.-cooling is, indeed, given by γN ¼ Nγ1, which is justi-
fied theoretically as discussed above, and in addition has been experi-
mentally shown over a wide range of ion numbers.10

For the application of the presented cooling model to measured
curves of induced power P as a function of time, we further assume
that the cooling circuit’s impedance Z is essentially constant over the
center-of-mass frequency range, which is justified at the present res-
onator bandwidth. As will be shown below, the center-of-mass fre-
quency range in each individual measurement is even smaller than
the bandwidth Δf ¼ 510 Hz of the spectrum analyzer used for the
signal power measurement, which itself is much smaller than the
bandwidth of the resonator of fR=Q ¼ 120 kHz.

C. Initial cooling and quasi-equilibrium

The expected time evolution of the involved energies ecm and
eax is given by the rate equation (14). It features two rates: the rate
of cooling of the axial center-of-mass γN and the rate γax of axial
energy “re-shuffling” between the center-of-mass motion and the
relative axial motions (“de-phasing rate”). During the overall
cooling process, the value of the axial de-phasing rate γax in
Eq. (14) is not constant, since it is given by the width of the axial
frequency distribution Δωz

1 that typically changes during storage
on account of various effects.9 For the present conditions (injection
of a well-defined bunch), it is of the order of 10 s�1 directly upon
capture10,17 such that the center-of-mass cooling of the coherently
moving ions is the dominant process initially. It leads to an initial
decay of ecm at the rate γN ¼ Nγ1 [Eq. (4)], which continues until
a quasi-equilibrium is reached between the center-of-mass cooling
and energy re-shuffling due to axial de-phasing. In this
quasi-equilibrium, Eq. (14) and the condition _ecm ¼ 0 result in

�ecm ¼ �γax
γN þ �γax

�eax
N � 1

, (15)

where the bar indicates the respective quasi-equilibrium values.
Presently, the quasi-equilibrium value �γax is expected to be

Journal of
Applied Physics

ARTICLE pubs.aip.org/aip/jap

J. Appl. Phys. 136, 184901 (2024); doi: 10.1063/5.0228725 136, 184901-5

© Author(s) 2024

 29 N
ovem

ber 2024 07:58:19

https://pubs.aip.org/aip/jap


significantly larger than the initial value of γax because of the
expected increase of the axial frequency width during storage.9,17

Once this quasi-equilibrium is reached, the particle ensemble has
lost its initial phase coherence and cooling of the total energy is
limited to the single-particle cooling rate. The energy flow into the
cooling circuit is limited, since in equilibrium, the center-of-mass
energy is 1=N of the total axial energy �eax, as expected and
observed for ion ensembles with random phase distributions.1,3,9

This limitation is due to the comparatively small signal induced in
the cooling circuit by an incoherently moving particle ensemble.
This is independent of the energy and rate of conversion from
incoherent axial motion into the center-of-mass motion; hence,
large values of �eax and �γax do not increase the observed cooling rate
in quasi-equilibrium.

D. Fit quantities

Under the same assumptions, once a quasi-equilibrium is
reached, the values for �eax and �γax are essentially constant and the
heating of �ecm by �eax can, thus, be described by a constant value of

C ; γax
�eax

N � 1
� �ecm

� �
¼ γN�γax

γN þ �γax

�eax
N � 1

: (16)

Inserting γN from Eq. (11) into Eq. (14) results in

_ecm ¼ �BR(ωz)Γ̂
2(ecm)ecm þ C, B ;

q2N
m

, (17)

which is used to model the measured energy evolution of captured
ion bunches. Finally, the relation between observed power P/ U2

þ
and center-of-mass ion energy ecm is established by inserting
Eq. (9) into Eq. (12) to give

P ¼ AjZ(ωz)j2Γ̂2(ecm)ecm, A ; κ
q3

m
N2: (18)

Here, κ is a dimensionless constant of proportionality that only
depends on the amplification and the spectrum analyzer settings.
These three equations introduce three parameters: A, B, and C,
which characterize the situation. From a fit to a measured cooling
curve (observed power P as a function of time), the parameters A,
B, and C and the initial center-of-mass energy e0cm can be obtained.
From these, we can in addition calculate the rate of center-of-mass
cooling, the energy in the final quasi-equilibrium, and the absolute
ion number.

V. MEASUREMENTS AND RESULTS

Bunches of Ne8+ were dynamically captured in the Penning
trap as described. In order to track the behavior during the resistive
cooling process, snapshot spectra of the ensemble were taken for
different delays after the initial capture. A selection of these spectra
is shown in Fig. 5 to illustrate the general effect of cooling. They
show a decay of P by several orders of magnitude within less than
50 ms and a relative shift of the central frequency by about half a
percent. The former results from the rapid cooling of ecm, and the
latter follows from the residual energy-dependence of the axial

frequency in a non-ideal Penning trap. A Gaussian peak model was
applied to each of these spectra to determine the peak power P and
the central frequency fz. This is appropriate as the peak shape is
determined by the bandwidth of the spectrum analyzer of
Δf ¼ 510 Hz. The fact that the width of each of these peaks is
determined by the bandwidth of the spectrum analyzer illustrates
that a frequency window of 510 Hz is enough to cover the fre-
quency distribution of the center-of-mass mode in each individual
measurement. The shifts of the central frequency result from the
resistive cooling of the center-of-mass energy and the resulting
motion frequency shifts in a real Penning trap.

The measured time evolution of the peak power P is shown in
Fig. 6. For each time, the peak power was determined by a
Gaussian fit to a measured spectrum. The resulting curve of mea-
sured power P as a function of time shows three main features:

† Initially, in the present case within the first 20 ms, the slope of
the curve increases until it becomes essentially constant. This is

FIG. 5. Selection of snapshot spectra (power as a function of frequency)
recorded for different time delays after capture.

FIG. 6. Measured power P as a function of time after capture. Each point corre-
sponds to a snapshot spectrum as shown in Fig. 5. The orange curve is a fit to
the data according to the model, yielding the parameters A, B, and C together
with the initial c.m. energy e0cm. A measurement without any captured ions yields
a noise-floor power level of less than �80 dBm.10
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due to the initially large amplitudes and, thus, smaller value of
the pick-up Γ̂ and slower cooling [see Eqs. (8) and (9)].

† After that, the curve shows an exponential decay with an essen-
tially constant rate of currently 103(3) s�1, which is in agreement
with the expected resistive center-of-mass cooling rate from
Eq. (11) for N ¼ 20 000 ions. This ion number is in agreement
with the fit result and an independent measurement, as will be
discussed below.

† Finally, at present after about 100 ms, the signal reaches the
expected quasi-equilibrium where c.m.-cooling occurs at a much
smaller rate limited by axial re-shuffling. The model for C ¼ 0
(without a quasi-equilibrium state, green curve) fails to describe
the data.

Overall, the fit according to the model as expressed by Eqs. (16)
to (18) describes the data well (see the orange curve in Fig. 6). In
particular, for a value of C ¼ 0 the model describes the initial decay
but fails to reach equilibrium (green curve in Fig. 6), supporting the
assumption that C is only responsible for the equilibrium level
reached. The parameters A, B, and C and the initial center-of-mass
energy e0cm have been fitted using lmfit26 and the result is shown in
Table I. As we have used the initial center-of-mass energy as a fitting
parameter, it was necessary to solve the equations of motion using a
fourth-order Runge–Kutta algorithm.27

We can now use the obtained values for the fit parameters to
calculate the quantities that characterize the ion bunch and its
cooling. Parameter A determines the absolute scale of the measure-
ment by establishing a relation between absolute ion energy and
measured power [yielding κ ¼ 42(4)Ω�1 in Eq. (18)], B determines
the center-of-mass cooling rate, C determines the quasi-equilibrium
energy, and e0cm is the initial center-of-mass energy.

A. Initial ion energy

The value of the initial axial ion energy directly upon capture
into the trap is a direct result of the fit, so no further calculation is
required. In the present example, its value is e0cm ¼ 17:2(4) V per
charge and ion.

B. Absolute ion number

From fit parameter B, the number of trapped particles N can
be determined directly as

N ¼ m
q2

B ¼ 20 800(400): (19)

For comparison, 64 measurements of cooling curves were made.

From these curves, parameter B was determined and the number of
ions is given by

N ¼ 21 000(700), (20)

where the error is the standard deviation. For an independent com-
parison, a calibrated non-destructive image charge detector14,15

located adjacent to the exit side of the trap was used to measure the
absolute number N in the released ion bunch. This yields

N ¼ 19 000(2000), (21)

which agrees with the resonator result, demonstrating the ability of the
method to determine absolute numbers from recorded cooling curves.
The smaller result from the image charge detector may be due to a
spurious loss of particles during the release process. As the cooling
curve can be measured for each captured ion bunch,10 the number of
ions can be recorded for each individual-ion ensemble directly inside
the trap and directly prior to a subsequent measurement.

C. Center-of-mass cooling rate

The expected center-of-mass cooling rate (before reaching the
quasi-equilibrium state) is given by Eq. (11). This equation captures
the observed behavior of initially slower cooling due to high axial
amplitudes and correspondingly less efficient cooling (currently
before about 20 ms). After that, the observed rate is essentially
constant and can be calculated from the fit parameter B as

γN ¼ BR(ωz)Γ̂
2(ecm ¼ 0) ¼ 103(3) s�1: (22)

The determined value of γN is in good agreement with the
result expected from Eq. (11) for the measured ion number from
Sec. V B.

D. Equilibrium energy

In equilibrium, the power �P is determined by the parameter C
given by Eq. (16), which depends on the rates γN and �γax. We
assume �γax � γN as will be justified below. Since C is governed by
the smaller of the two rates, it can be determined from the mea-
sured value of γN , which allows the direct calculation of �eax

�eax ¼ C(N � 1)
γN

¼ 16(2) V: (23)

To justify the assumption of �γax � γN , we look at the expected
width of the axial frequency distribution at that energy in thermal
equilibrium,9

�γax ¼ Δωz � 3C4

C2

q�eax
mωzd2

, (24)

where C4=C2 is a measure of the deviation of the actual trap poten-
tial from V / z2. For the present value of C4=C2 ¼ 0:005 and the
obtained energy �eax, �γax � 10 000 s�1, this justifies the assumption
of �γax � γN . The result shows that in equilibrium, there is a sub-
stantial amount of energy in the uncorrelated mode compared to the

TABLE I. Parameters of the model fitted to the data shown in Fig. 6. The errors of
the fit parameters are 2σ confidence intervals.

Parameter Value

e0cm(V) 17.2(4)
A (fA m2 kΩ−2) 1170(90)
B (mm2 s−1 kΩ−1) 1030(20)
C (mV s−1) 81(6)
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initial center-of-mass energy. Given the initial energy e0cm of 17.2
(4) eV, these two energies combined are in good agreement with the
estimated total energy of 30 V per ion and charge. In equilibrium,
the center-of-mass energy is negligible (�ecm � �eax) and the mean
energy per charge and particle is, hence, determined by �eax.

Of the initial total energy per charge and ion, given by the
sum of c.m. energy and uncorrelated energy, the center-of-mass
component is rapidly cooled to effectively zero, leaving the axial
energy in the individual (uncorrelated) motions given by Eq. (23).
Hence, the amount of energy that can be cooled away efficiently is
determined by the initial relation between ecm and eax, which can
be determined by this method. This is a pre-requisite for an opti-
mization of the ion production, deceleration, and capture process
to the end of achieving a high initial degree of energy in the axial
c.m. motion (ecm � eax), which can be cooled efficiently.

VI. SUMMARY AND CONCLUSION

We have shown that it is possible to determine important
properties of captured ion bunches and their resistive cooling
behavior from a measured cooling curve of detected power as a
function time directly upon capture in a Penning trap. Such a mea-
surement allows for an absolute determination of the initial energy
and number of ions in a captured bunch, as well as of the rate of
cooling of its center-of-mass motion and of the final ion energy.
One pre-requisite for this is the ability to make such measurements
immediately after dynamic capture, which is possible due to a dual-
electrode resonator design.

The recorded cooling curves have been analyzed with a simple
model that allows the direct determination of the mentioned quan-
tities in the given situation. The resulting ion number was indepen-
dently confirmed by a non-destructive detector, which validates the
model of the cooling process and also shows the correct calibration
of the dual-electrode resonator.

Once the absolute scale of the measured signal, as expressed by
the parameter κ, has been calibrated by the presented method, the
characteristic quantities of the bunches can be determined on a
shot-by-shot basis. This enables the optimization of the ion-capture
process towards low initial energy in the uncorrelated motion, while
the center-of-mass energy can be cooled within a few tens of millisec-
onds. The present detector and methods may quite readily be imple-
mented in a range of Penning trap experiments that work with
externally produced particle bunches, as it affords no large deviation
from the common schemes for non-destructive detection and cooling.
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